Abstract. Borsuk and Ulam posed the following problem: For an arbitrary closed subset C of the d-dimensional sphere, does there exist a sequence of homeomorphisms of the sphere such that the sequence of images of every point of the sphere converges to a point of C and each point of C is the limit of such a sequence? The answer is known to be positive, but the existing proof is complicated. We give a simple proof that extends to some other manifolds including the d-dimensional torus.
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Among the topological problems that S. Ulam included in his book [5] , was the following question originally posed in [2] :
Given an arbitrary closed subset
, there exists a limit of H n (p) as n → ∞; (b) this limit belongs to C; (c) every point of C is such a limit.
M. K. Fort [4] gave an affirmative answer to this question. He proved the following statement:
However, the proof in [4] , based on the concept of an admissible polyhedron and on an earlier result [3] , is not highly intuitive. Below we give an alternative proof of Theorem 1, which is simpler and gives more (see the discussion following the proof).
Proof. The stereographic projection R provides a homeomorphism of S d onto the one-point compactification R d of R d . It suffices, therefore, to solve the problem for R d and its compact subset C = R(C). We may assume that the point R −1 (∞) belongs to C, so that ∞ ∈ C .
We define a function Q : 
to which the existence and uniqueness theorem [1] applies; since Q(x) is bounded, the solutions x(t) are defined for all t ∈ R. In view of the continuous dependence of a solution on the initial data [1] , the mapping G t that transforms
Clearly, every integral curve x(t) of the system (1) lies on a line parallel to the vector u and, as t → ∞, converges to a limit, which may be infinite or finite; in both cases it belongs to C . Finally, if x ∈ C , then G t (x) = x for all t ∈ R. Therefore, the sequence of homeomorphisms G n (n = 1, 2, . . .) of R d is such that (i ) G n (x) = x for any x ∈ C and all n; (ii ) for any x ∈ R d \C the sequence G n (x) converges to some point of C . It follows that the sequence of homeomorphisms H n = R −1 G n R of S d has properties (i) and (ii). 
